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Abstract: The aim of this note is to discuss about the behavior and the properties of some linear and
positive operators on SLOT

§ 1. Introduction
e Let _be a locally compact Hausdorff space and (G.v), a locally convex cone.

eLet y:X >R}, aweighton and V(/,:ley,vy,=l,vev}.
- v
e Let consider the following set: ¢ (x;6)= {f :X —G|f continua n raport cu topologia simetrica pe G
e Endowed with the topology of uniform convergence determined by:

det _
f<g+vVe f(x)<g(x)+v, (v)xe X, unde V:X - G,V(x)=v, veV, (CS(X;G),V) becomes a locally convex cone.
e Then, c'/’(x;G):{f ecs(x;ej(vwev,(a)v < X compactly ai. f <v, and0s<f+v, peX\Y{, with the topology of
uniform convergence determined by: f<g+v, <yf <yg+V, is also a locally convex cone, named Nachbin
cone relative to the weighty .

elet McG and MY :{,ux sy € (Cs(X;6)), ueM si XEX} , where uy :CY(X;G)—> R, u(f)=pu(f(x)).

« Definition 1: If Gy cC¥(X;G)is a sub coneand uy e MY , then:
1. ,ux(f)<+oo
a) feCc¥(X;G) is a Gy-superharmonic in u = < ) (V)CDE(CV/(X'G)T ® < iy = (1)< (1)
Go

1. yx(f)<+oo
b) fec?(x:G)is aGy - subharmonicin Ly < <1, (v)(De(CW(X;G))*x ax & ® = p(f)< 0(f)
0

§2.The main results
Definition 2:& = c¥(x} is called Korovkin system forc*(x} iff &,i5) = c¥(x), where & = span(&) and
E(G)={h e cv( W), an u —egtuicontinuous Net, To: V(XD = 0¥ () linear, TL(6) = (¥lg e 6 = T.(h) = hl is called the

Korovkin cone associated tos.
e The next result gives a characterization of the Korovkin cone associated to a subspace & of c¥(x).

e Proposition 3: Let G =c¥(x), a subspace. Then the followings are equivalent:
1. feK(G);

2. f(x): sup inf{g(x* (g)e G, f <g+g,/,} == infosup{%(x)ﬂg €G,g <f+€q/} , (V)xeX.
>0 * &> ok
e Note 4:
(x) f(x)= flex) = f e Supg(ey)-
(k%)= F(x)= flex) = f eSubg(ey)-
» Definition 5:5 < c¥(x) is called Korovkin c¥(x) iff (v)fec(x),, feSquo(M%j, where Gyis a sub cone

generated by sand M=R".

e Examples 6:
1. x=[o1] and y=1= c¥(x)=cfoy].
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5:{1,—x,x2 }is a Korovkin system+for clo1], because thesub cone generated bys, G, contains all the
positive constants and all functions, f(x)=(x-xq)?, X €[0.1].
2. XeR, y=1= C¥(X)=Cy(R).

2 2 2 . . +
s :{e‘X —xe™X" x%eX } is a Korovkin system " for cy(R).

The following results give characterizations for Korovkin systems and Korovkin system " for cv (x).

e Proposition 7: Let x, be a locally compact Hausdorff space; », a weight on x and c<c¥(x), a
subspace. Then, FAE:

1. Gis a Korovkin system forc¥(x).

2. a) (BkeG, k(x)#0;
b) (¥)e >0, (V)K = X compact, (v)xe X so thatxe K, 3k eG, QueC¥(X), SO

that ||u||y/ <g O<h+u, 1<h+ubyK’ h(x)+u(x)<e (where|- (L i:ug w(x)f(x)).

e Proposition 8: Let s< c¥(x). FAE:

1. s is a Korovkin sistem +forc'V(x).
2.(V)xeX, (v) e M (X):yulg)< g(x) (v)geS=[3)2<[0,1] SO thatyu = Ay .

3. (V)xeX, f(x)=supinf {g(x)| geGo,f sg+gv,}, (V)f e (CV’(X )L .
&>0
e Note 9:
1) If we have s a Korovkin sistem " for c¥(x) and is s contains g.g- <0, then it is a Korovkin system

for c¥(x).
The result form above gives us the possibility to obtain some results for (c‘/’(x;e),vw)’

e Proposition 10:
Let (G,v), be a locally convex cone and G be a linear space, Gg, a sub cone of c¥(x;G), (¥, locally compact

Hausdorff space and wa weight on %) and s, a Korovkin system *for c¥(x).
Iff: (i) (Wlaec.(¥ivev.(Zlozeefsothatase+vand {g-elgesc Gl

(ii) (v)aeG,(3)pe c¥(x)+so that(p-a)eGy , then, we hawe: c¥ (x;G)= Supg, [(G*K ]

e Corollary 11: If ¥ is a compact space and B=5(0;1) in & and £ is a Korovkin system of positive functions
for cix) thens = {f. blf e su{clc e cone{f™]1] is a Korovkin system for cix:cConw(r™)).
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