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Abstract: In this paper, we have studied moving objects in 2-D images using
Delayed Cellular Neural Network (DCNN). DCNN was first introduced in 1993. It
is shown that for a network whose cells are specified, complete asymptotic stability
providing the delay is less than a bound which depends on only the cell parameters.
Especially nowadays, only moving part of the whole image is getting more
important according to the practical cases such as estimation of biomedical issues
which is enlarging due to the cancer property. We have used Java language for our
synthetic examples and satisfactory results were obtained.
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Ozet: Bu makalede, 2 boyutlu gériintiiler geciktirilmis hiicresel yapay sinir ag1
(GHYSA) ile incelenmistir. GHYSA ilk defa 1993 yilinda tanitilmistir. Gecikme
miktar1 belirli bir degerden kiigiik secilmesi halinde, asimptotik kararlilik saglanir.
Ozellikle son yillarda, goriintiiniin hareketli olan kism diger bolgelere gore daha
onemli olabilmektedir. T1ip biliminde, kanserli hiicrelerin yonelimini GHYSA ile
belirlemek ¢ok 6nem tagimaktadir. Burada Java dilinde yazilim gergeklestirilmis ve
yapay Ornekler i¢in iyi sonuglar elde edilmistir.
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INTRODUCTION

Moving object detection is among the most appealing tasks in the field of the image
processing.[1] Conventional digital computation methods have same drawbacks due
to their serial nature. To overcome this problem, a realatively novel class of
information processing system, called Neural Networks is proposed. This new
computational model is based on some aspects of neurobiology and adapted to
integrated circuits. In this paper we are interested in image processing(first without
considering motion and after that detection of moving objects), our attention will be
focused on M x N Cellular Neural Network, having M x N cells arranged in M rows
and N Columns in pixels.

Cellular Neural Network is a parallel computing paradigm defined in M x N space
and characterized by locality of connections between processing elements (cells or
pixels in our Cellular Neural Network is a parallel computing paradigm defined in
MxN space and characterized by locality of connections between processing
elements (cells or pixels, in our example) [2],[3]. In this new computational model,
the key features are asynchronous parallel processing, continues time dynamics and
global interaction of network elements. The main difference between Cellular
Neural Network and other Neural Network paradigms is the fact that information is
only exchanged between neighboring neurons.

Besides Cellular Neural Network, processing of moving images requires the
introduction of delay in the signals transmitted among the cells. In this paper we
show how a Cellular Neural Network with delay detects moving objects in images.

Cellular Neural Network Definition

A Cellular Neural Network is a system of cells defined on a normalized space. In
this system, cell is the basic circuit unit containing linear and nonlinear circuit
elements, which are linear capacitors, linear resistors, linear and nonlinear
controlled sources and independent sources. The main idea is that connections are
only allowed between adjacent cells. Any cell in a cellular neural network is
connected to only its neighbor cells. But cells can affect each other indirectly. The
propagation effects of the continuous time dynamics of the Cellular Neural Network
provide this interaction between cells in space.

Theoretically, we can define a Cellular Neural Network of any dimension, but due

the fact that we are interested in images, we will concentrate on the two-dimension-
al case. Fig 1 shows an example of Cellular Neural Network.
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Figure 1. A two-dimensional cellular neural network of 4 x 4 size. Squares are
electrical circuit elements and represent pixels for image

The restriction of connections which are allowed to only neighboring cells requires
the definition of neighborhood. Let us consider a cellular neural network with M x
N cells arranged in M rows and N columns. A cell in this space is represented with
(i,j) location, r-neighborhood and denoted by C(i,j) as in Figurel.

The r-neighborhood of a cell C(i,j), in a cellular neural network is defined by

N,(i,j) = { Cklmax {k-il,|/ - j|}< T, I<k<M;1 <1< N} (1

r is a positive integer number. Following example shows r=1, r=2 and r=3
neighborhood of cells, respectively.

00000 Coooooo
00000 5ea8000
B O0ORO0 Coomooo
00000 5555000
00000 coooooo
r=1 r=2 r=3

Figure 2. The neighborhood of cell C(i,j) for r =1, r =2 and r = 3, respectively

We call the r = 1 neighborhood a "3 x 3 neighborhood", the r = 2 neighborhood a "5
x 5 neighborhood" and so on. But r = 1 is the most common neighborhood using
image processing. Because if the neighborhood size were as large as image itself, we
might obtain a fully connected network and in this case we shall not call such a
network cellular. Generally the neighborhood shall have small size.

We call cellular neural network as a dynamical system operating in continuous or
discrete time. A general form of the equations may be stated as follows:
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State equation:
C deijt (t) _ 1

Ly @
dt

xijt

X

+ ALk, (1)

Clk,)T Nr(ij)
+ DBk Ly, (0,
C(k,l) E Nr(ij)
ISkSM;1<1<N )

Output equation:

=1 (v, O+1Hv,, O - 1])
2

yijt
ISk<M;1<1<N 3)
Input equation:
Vm:/:Eij’ ISksM;1<1<N “)

A cellular neural network is completely characterized by set of equations as above,
associated with the cells in the circuit. The state equation of a cellular neural
network, composed by M x N cells after having ordered the cells in some way (e.g.
by rows or columns) can be rewritten in continuous time as follows:

() _

=-x(t) + Ay(t) + Bu+l (®))
dt
The equation (5) then can be rewritten in discrete form as,
x(n+l) =-x(n) + Ay(n) + Bu +1 (6)

In Equation(6), x(n+1),y,u,I denote respectively cell state, output, input and bias. X
is a local instantaneous feedback function, A and B are arrays of parameters.

Delay Cellular Neural Network Definition:

Cellular neural networks with delay T was first introduced in 1993 [4], [5]. By
assuming that the input of each cell is constant, they are described by state equations
of the form:
d Xij (t)
C B AUANS - vaijf(t)
dt R,

X

+ DA(L kDY, (1)

C(k)EN, (i)

+ DAYk DY, f1-T) @)

C(k)EN, (ij)
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+ L B(ijkby, (04,

CkDEN, (i)
by output equations:
V0 =1 (v, O+1Hy,, 0 - 1)) @®)
2
and input equation:
Vv .= E;, =const 9

uij =

N, (i,j) represents the neighborhood of order r of the cell C(i,j). For delay cellular
neural network, the space-invariance property is expressed by

A(ijkl) =A(i-k,j-1)

B(ijkl) =A(Gi-k,j-1) (10)
Al(ijikd) = Al(i-k, j-1) (11)

State equation (7), by ordering the cells and assuming R = C =1/, then can be
rewritten in a more compact form:

dx(t)
dt

=x(t) + Agy(t) + Ajy(tt) +Bu +1 (12)

The Equation (12) can be rewritten in discrete form as,

x(n+l) =-x(n) + Ayy(n) + Ajy(n-t) + Bu +1 (13)

As we see in the state Equation (13) of delay cellular neural network, delay
parameter T adds an extra A;y(n-t) (in discrete form) operand to the ordinary
cellular neural networks state equation. A, and A, can be easily calculated from the
cloning templates and delay cloning template. y(n-t) can also be calculated easily
by using output equation with previous state of delay cellular neural network. In our
Java application, we managed this using following:program.

¢ = getBU_Plus_I(getConvSum(pu,B), z); // B¥U + 1
for (inti=0; i <= 10; i++) {
n=i+1;
x = AY_Plus_TY_Plus_C(getConvSum(y,A), getConvSum(y_d,T),c);
if i >=to) y_d =new_Y(xx[MOD(i-to,t0)]);
setXX (x,xx, MOD(i,t0));
y = new_Y(x);}
The program output is shown in Figure 3.

oV V.
o= ..0..0

Input State Output

Run for DOWN

Figure 3. Delay CNN output of a synthetic example.
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In the output pane we see the circle which is a moving object was detected by
drawing the edge of itself after some iteration.

Conclusion:

In this paper, we try to explain a cellular neural network with delay for a synthetic
example. If the signals exchanged among cells are delayed, the network is called
delay cellular neural network, then state and response can exhibit oscillations. In our
example, we show how we can use delay cellular neural network by modifying
ordinary cellular neural network and model delay cellular neural network with a
Java programming language.
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AFINOR ALANININ YATAY LIFTININ
TASINMASI HAKKINDA

Ekrem Kadioglu, Muhammet Kamali, Arif A. Salimov
Atatiirk Universitesi, M atematik Bdliimii

Ozet: V, Riemann manifoldu, T} (V, ) ve T 5;} (V, ) ise bu Riemann Manifoldu

iizerinde sirasiyla (p,q) ve (p — 1, ¢ + 1) tipli tensoér demetleri olsun.

f:T)V,) »T;’j V), (yI=y (xK);IK=1,2,3,...,n+n ")

diffeomorfizmi verilsin. Bu ¢alismada, */ Riemann konneksiyonu ise, H ¢ ten-
2

sOriiniin, f altinda, Hcp tensoriiniin doniisiimii olarak elde edildigi gosterildi.
1

Anahtar Kelimeler: Tensor demeti, lift, yatay lift.

Abstract: Let V, be the Riemann manifold. Let T/ (V,) and T f;i (V,) be the
tensor bundle of type (p,q) and (p — 1, ¢ + 1) over the Riemann Manifold V,,
respectively. It is given a diffeomorphism

FeTlW,) > TPV, ), (v =y 1(xK); 1K =1,2,3, .on+n P¥),

g+1

In this work, if \/ is the Riemann connection, it is shown that Hj is transformed to
1

" by the diffeomorphism f .
2

Key words: Tensor bundle, lift, horizontal lift.
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1. GIRIS

M,, C” smifindan bir manifold, A,, birimli komiitatif ve birlesmeli bir cebir ve

I1= { ] } (a=1,2,..,m)A,, cebirine izomorf olan M, iizerinde poliafinor [T -

yapist olsun. Burada ¢, cebirin e, baz elemanlarina kars1 gelen (1,1) tipli tensor-
lerdir. @

ol 73 (M,), (0,2) tipli tensdr alani [] - yapisina gore
o(@Z,,Z,) = o(Z,, 9Z,), (a=1,2,...m; Z,,Z,1 Ty(M,)) )]
kosulunu saglarsa o tensdriine piir tensor alam denir. (1) kosulu {d;} dogal ¢atisinda

m
O mj, @ j

—_ (D m

1 - jlm (512

seklinde olur. Buw; ; =w,, ¢; =0, ¢; ile gosterilir.
a a a

(0,2) tipli piir tensor alanlarinin olusturdugu T 2 (M,) modiiliinde Tachibana ope-
ratoriiniin

(Fq)m WX, Z,,2,) =9 (X)((Z,Z,) - X (0 (9Zy, Z,))

+0 ((Lz @)X, Z) +w (Z, (L, 9)X) (2)

seklinde oldugu bilinmektedir (bkz.[3] ve [5]). Burada L,, Z boyunca Lie tiirev
operatoriinii gostermektedir.

(2) operatorii dogal ¢atida.

Qw;; = @} 9 m®; =0, +(d; o) W, + (0 Ly ; (2"

olarak yazilir.
(2) veya (2’) operatoriiniin 6zelligi, (0,2) tipli piir tensorii (0,3) tipli tensore

doniistiirmesidir.

3

Integrallenemeyen [T - yapisina gore

F,o..=0

A Jva

sartint saglayan o j,j, Pir tensor alanina almost (hemen hemen) A-holomorf tensor
alani denir. (bkz.[3] ve [5]).
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2. Vishnevski Operatori
Keyfi ¢ 1 Ts (M,, ) tensor alani i¢in Vishnevski operatoriinii

~ 1 1
(F (p[) (X’ Zlv"'a Zq’ X?" ) - ( VI l) (Zl’ s Sy a‘"’ §7()
1

p
(VDW@Zy,.... Zy X,eos X), p20,g21

1 P (€]
( \/Xt) “Z,s Zq, ¢ Xy X), p21,¢g20

seklinde yazabiliriz (bkz.[4], s. 194). Burada '/, M,, iizerinde tanimlanmis G afin
konneksiyonunda kovaryant diferensiyel operatorii ve cp ¢ve @ afinorunun eslenik
afinorudur. (4) operatorii dogal catida “

- o lenvd™ . p20,¢20
tll...lp — m l”l'”/ﬂ _ o J1dg
E kl[»‘fq (8 kvm J1dg
CPH\/" , p20,g=21

Jo
!251

“)

seklinde yazilir.
2.1. Lemma: Eger [] -yapisi almost 1ntegralleneb111r (yani/ ¢ = 0, T(X,Y)=/,Y -
V yX - [X,Y] = 0) ise bu durumda To (M) piir tensor modiilii iizerinde Tachibana
ve Vishnevski operatorii ¢akigir.
Ispat: T torsiyon tensorii formiiliinden
LyY=[XY]=VY -LX-T(X)Y) 5)
yazilir. (1), (5) ve
(Lyw)(Y,Y5) =X (o0 (Y,Y,)) — o ([X.Y1]1.Y,) — o (Y, [X.15])
formiiliinti kullanarak
(Fow) (X.2,Z,)
= Q(X) (0(2,2) - X0 (9Z,,2,)) —w ( tix Z,- Vg ¢ (X)-T(@X.2).2,)
+w(c(E>( VxZy =V, X -T(X,4),Z,) - o(Z,, tix Z,— VZszX - T(cfX,ZZ))
+w(Z,, (f( VxZy= V3, X-T(X %))

= Q(X) (0(Z,,Z,) = X(0(9 Z,,2,)) = (Vo £1,2,) + (V7,9 X ,2)
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+ 0 (TQX Z).22) + O V0. 20.22) = 0(¢( 'V, X).2) = o(@(T(X 2)), Z2)
- w(Z,, fozz) + o(Z,, VZZCE X)+ w(Z,,T(cQX@)) + (CEZ],VXZZ)
~ (2, §( 7, X))~ 0(Z, G(T(X.2)))
yazilir (bkz. [1], s. 37). Simdi [1], s. 124’teki
(VK)X,,..X.X ) = ( VyK)(X,,....X5)
= V(K (X, Xs)) _ﬁj KXy 73X 0 Xs) (6)
formiiliinii kullanarak
W72, § X, 2) = WG (75X).2) + WZy. 5, ] X)-
WZy ] (V2 X) =W(T) (X, Z).2:) + WZi, (V] (X, Z,) (7)
elde edilir. (5) ve (7) esitliklerinden
(Fo0) (X.2.2,) =] X(0(Z,, 2) - X 0(] 21, 2)) =0 ( V0,22, Z) + (7 )X Z) 22)
+ 02X Z) + o1 X, 2)2) - 02, Vo Z) + 02,1 (X, 2)
+ 0l (Vi) Z2) -0l (T, 2)).2) + 0 21, Vi Z) - o(Z,] (TX. Z))

bulunur. Burada yapinin almost integrallenebilir (yani Vj =0, T = 0) oldugunu
g6zoniine alarak :

(F(im) (X,2,2,) = ja X((Z,,Z,)) —X(U)(szp Z)-w( V?XZI, Z,)
—0 (2, oyl + w(CE(VxZI), Z)+ o (CEZDVX Z) ®)
yazilir. (8) esitliginde (6) ifadesi kullanir ve "/ f =X f oldugunu dikkate alirsak
(F(ﬁw) (X,2,Zy) = ( \/‘ﬂxw)(zlr Z),
(V00QNZ1, ) =( Vo022 - (Vo) 2, 2) = Fo0) (X.2,2)  (9)
elde edilir.

Vishnevski operatorii g Riemann metrik tensdriine uygulanirsa ve'/ konneksiyonu
olarak Riemann konneksiyonu alinirsa her zaman (®e0) (X, Z,2Z,)=0 oldugu

goriiliir. Eger g piir tensor ve Riemann konneksiyonunc(ia IT - yap1 almost integral-

lenebilir ise 2.1. Lemma ve (9) ifadesine gore € her zaman almost A - holomorf ten-
sOr olur.
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3. Horizantal Liftin Tasinmasi

Simdi kabul edelimki V, Riemann manifoldudur. Tg (V,)ve TS;IJ (V,) ise bu

Riemann Manifoldu iizerinde sirasiyla (p,q) ve (p — 1, ¢ + 1) tipli tensor demetleri
olsun.

-
FiTq(V,) > Tael (V,), (y! =y ! (xK); LK =123,..n4n ")
diffeomorfizmi

i ik
y=9 x
yi’ = “2ip
ij]...jq
_ mip..i
- gimt i {}
J1-dg

=gyt 82,80 8 8k
"k, i Iq

. . .
=g, 072,87 8% .8%x
171 Ip iy ]q

@ 9

seklinde tanimlansin. Burada “.” indeksin indirilmesini gosterir ve x° =¢ lilzlp
alinmustir. f doniisiimiiniin Jakobian matrisi !

Ay
oy ! o 0
A= 2 = [ ¢ - }
dk 0 8 6;2 ) 1’1’ 8k ... 8%
2 P

J; Iq

seklindedir. f ters doniistimii

k k i
x'=y'= 6il\yz
.Xk =t 1,...[17
k]...kq
- g1,m t /2.,,lp
mk1...kq
=glitip 8§ 8 8 .8k
U iy i k] k
ij1-dq P q

= ol ) ’p Jj1 jq i
g 61_2 ...6,_[7 6k1 ...6qu

olarak yazilir. Bu doniisiimiin Jakobian matrisi

" [a)ﬂ i Eaé 0 }
b sh s s
ay! 0o & 6; ...6[_11: 6,3/...6?/

bicimindedir.
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-1
ONS T]] (V, ) afinor alaninin Ts (V,)ve T5+1 (V, ) tensor demetlerine, bunlar ara-

sinda f diffeomorfizminde karsilik gelen kesitler boyunca "¢ ve "¢ yatay liftleri
1 2

Iy,

Hok_ k H.k _n H k__ F

©=9; 9; =0 Tg;=-F5,
) q)ilééf ...6?7 ) 2/...6 }{/ p=21,420
(pI:= 1 A 1 ,’ r r q > >

65’1 .0 g: d k']...f) ¢ p20,g21
formiilii kullanilarak tanimlanir.
3.1. Teorem : Kabul edelim ki ”qi ve ”qza, Qe T/ (V,) afinor alaninin uygun olarak
-1

TZ (V,)ve T5+l (V, ) tensor demetlerine f diffeomorfizminde karsilik gelen

kesitler boyunca yatay liftleri olsun. Eger ECP (g)=0 ¢( ECP Vishnevski operatorii,

€ Riemann metrik tensorii) ise bu durumda “g, f diffeomorfizmi yardimiyla, “o
2 1

liftinin taginmasidir.

Ispat: Gergekten de

(P; 0
o=l F g5 glah ok 8.8 (10)
qz)— {— F ‘/'E g, P i 61/'"6 i d kz"'é /‘J

olarak tanimlanan Vishnevski operatoriidiir. Acik olarak

E E.}l:z,..!:,,: E(g E,mlz ) g F Emzzl (N glm)gml_’

J 7 idy Jj o Cim> Jrdg Jg

olur. Bunu (10) formiiliinde yerine yazip ve A, A™!, " kullanilirsa Igj &m=0
1

kosulu altinda

¢ 0
o = miy...J miy. - 1 i, i
9= [_giijgjr_h (F i) & @) aqa Y }
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0

@
= |—g F E"™" @lsh Lok 8
gzm ./E/',___jq Cpl A k, k"

8! 0

0 g0h.000% 8k

b » q

C o=l I sl 8L 81 ST,
x DFET plal.ake)
4 2 N1 7
d! 0
J
x L0 g8l .8l0% .80
1 ’.1/ P
_ AHCP AI
1
elde edilir. Burada
X/ =51, Xk =t 22.../[,
1T k].,.kq
yl =t '2'17 , y/ =t .{(1,..1\'[,
ij]-dg ll]...[q

bicimindedir.

Bu teoremden, ¢ok 6nemli olan, su sonug ¢ikarilir:

3.2 Sonug: Eger V' Riemann konneksiyonu ise “p, f diffeomorfizmi
2

yardimiyla, ‘g yatay liftinin tasginmasidir.
1

Eger g, [1- yapisina gore piir tensor ve []- yapist V' Riemann konneksiyonunda
almost integrallenebilir ise bu durumda (2. Baslikta verilenlere gore) F 0 (g) =0

almost holomorfluk kogulu olacaktir.
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